INTRODUCTION
One of the most influential results in the modern theory of social choice is Arrow's Impossibility Theorem (see Arrow, 1962) . A small sample of results that follow Arrow's axiomatic approach are found in: (Aizermann and Aleskerov, 1986) ; (Barthelemy,1982) ; (Brown, 1975) ; (Leclerc, 1984) and (Mirkin, 1975) . The "Arrow-like" results found in these papers deal with choice functions, partial orders, valued preorders, and partitions. In recent years, the above results have been unified using an order theoretic approach to consensus (see Barthelemy et al., 1986) , (Monjardet, 1990) , and (Leclerc and Monjardet, 1994) . The lattice or semilattice, as a consensus function and to require F to satisfy axioms akin to unanimity and independence of irrelevant alternatives. Depending on the structure of L, these axioms force F to be an oligarchy or even a dictatorship (see Theorem 1, Leclerc and Monjardet, 1994) . The latest work on this ordinal approach to consensus is found in (Monjardet, 1995) . In two earlier papers, (Crown et al., 1993 and (Crown et al., 1993) .
PRELIMINARIES
Let X be an arbitrary nonempty set. Let V be a set with at least two elements, and let Xv denote the set of all functions from V into X. Then F : Â¥v -+ X is called a consensus function on X. In addition, we associate with X a nonempty set S (the bricks) and a one-to-one function ~ : ~ 2013~ P(S). Here P(S) is the power set of S. The idea is that the pair (~?~), in some way, represents X. Thus we call such a pair a representation family (referred to in (Crown et al., 1993) as a stability family). As an example, let X be the set of all weak orders on a set E. Then (E x J?, ~) is a representation family on X where q : X -P(E x E) is given by 7 (R) = {(.c,!/) : (x, y) E RI. An there is a subset A C V such that D = { B C V : A C ~}. For k &#x3E; 2, the k-tuple {al, ..., ak} of elements from S is transitive if, for any x E X, ~al, ..., ak_1} C 'f(Z) implies that ak E ,(x). The element z in X includes {at,...,ak} if {a1, ..., ak} C 7(z), whereas w in X excludes {a1, ..., ak~ if {a1, ..., ak} n q(w) = 0. For any subsets A, B of S, we say x E X separates A from B if A C ,(x) and B n q(z) = 0. From now on, we identify the element x E X with the set q(z) and any consensus family D on X is assumed to satisfy: 0 f/. D and V E D. To make the proofs in the next section more readable and self-contained we include the statements of some results from (Crown et al., 1993) . In some cases we include short proofs.
Lemma 1 Suppose that for some k &#x3E; 2, S contains a transitive k-tuple {al, ..., ak} . Suppose further that w, y, z E X can be found such that y separates ak f rom {al, ..., ak-11, z includes fal,..., ak}, and w excludes fal,..., akl. Any consensus family D on X is then an order filter on X.
Proof. Let Proof. Let D be a consensus family on X. Let A E D, and A C B C V. Define a profile 1r by 1r( a) = z if a E A; 1r( a) = h if a E B -A; 1r( a) = t if a f/. B. Then for a = aj (i+1 j k), a E h n t n z, so a7r = V, and a E F(1r). Ifb=a~ (1 j *),then b E z -(h U t), so b7r
= A E D and b E F(7r). By transitivity, ak E F(-x). It follows that B = (ak)7r E D.
Lemma 3 .fort &#x3E; 3, let f a, ak} be a transitive k-tuple of elements from S. Suppose that there exist elements g, t, w, z E X and an index i k -1 such that g separates {a1, ..., ai~ from {~+1,...,~~}, ~ separates (a;+i , ... , ak-11 from {al, ..., ai, ak}, z includes {a1, ..., ak}, and w excludes {al, ..., ak}. X such that x U y ~ X and x U y 9 z, then any consensus family D on X which is an order filter is, in fact, an ultrafilter.
RESULTS
If we combine Lemmas 2 and 3, then the existence of a transitive k-tuple along with the five elements g, h, t, w, z from X satisfying the hypotheses of these lemmas forces any consensus family D on X to be a lattice filter. This is the content of Theorem 29 in (Crown et al., 1993 ). Our first theorem shows that the element h is unnecessary. We now show that i) implies iii). Assume X is nondistributive. Then there must exist x, y E X such that ,(x) U q(y) C 7(x V y). Let bi, b2,..., bi be maximal elements of ,(x), bi+t, ..., bk-t be maximal elements of ,(y), and bk E V y) -(7(x) U 7(y)) -Consider the (k -l)-tuple (bl,..., bk-1). (Crown, et al., 1993 (Crown, et al., , 1994 with the work of (Leclerc and Monjardet, 1994) and (Monjardet, 1995) .
It would be interesting to see if there was an abstract setting within which both sets of results abide.
